which has no parts) instead of with the eleventh axiom. This concept of point arises from that of a material point through the process of passing to a limit. One thinks of a grain of sand or some other particle of matter and conceives it as becoming smaller and smaller without limit. During this process it appears to become less and less possible to divide the grain of sand into smaller parts and the concept of point is said to arise as a *Weber and Wellstein Bncyklepadie der Elementa Mathematik, Vol. 2, 1905. imit of this process and hence as something without parts. This conception of a point is untenable, for it is impossible to conceive of the particle as becoming smaller after it has become so small that it cannot be seen. When this point has been reached we are in perfect darkness since we cannot conceive that the process of becoming smaller and smaller has necessarily an end, but we must believe or postulate that there is some limit beyond which the particle cannot be decreased and which it cannot reach.
To get a clearer idea of the given conception of a point we may think of viewing the particle, which becomes smaller and smaller, through a microscope whose power is continually increasing at such a rate that the particle will appear to keep the same size. Hence, no matter how small the particle has become, the possibility of dividing it remains unchanged, and if we want to associate the concept of point with that of a particle which becomes smaller and smaller it should be clearly observed that this is an act of the will and not one of reason. Hence the first definition of Euclid is based upon the postulate that points exist. They have, however, no spatial existence. It is evident that similar remarks apply to the definitions of line, plane, etc.â nd we are reminded that nothing is a greater hindrance to a deep understanding than that which appears self-evident at the first glance. As the elements with which one operates in elementary geometry have their existence in postulates, it follows that pure geometry relates only to thinking beings. Fortunately, the trend of the developments has been such as to make the applications to other subjects easy.
In an appendix to his report Professor Simon speaks of the efforts that are being made in Germany to secure a better general understanding of the importance and of the nature of a mathematical training. He says that the chief enemies to a proper appreciation of mathematics are the classical philologists who do not want to be convinced, but are anxious to maintain their position in the educational system. The philologists are, however, not the only ones who have hindered proper mathematical training. Even the children of mathematics those engaged in technical education, and the natural sciences have threatened to block the way toward proper mathematical training. The former have gone so far as seriously to demand that only such mathematical problems as present themselves in practice should be considered in the training of students. They were even so kind as to offer to prescribe the problems since they themselves were unable to solve them. These unfortunate tendencies have been largely checked by the wise and untiring efforts of Professor Klein, and still more by the power of the facts which is stronger than that of men.
